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B. V. Zabavsky1, O. B. Popadiuk2

Simple element of a Bezout domain

Ivan Franko National University of Lviv, Lviv, Ukraine.

Let R be an associative ring with nonzero units. All the necessary
definitions and facts can be found in [1].

Definition. An element a ∈ R is called simple if RaR = R. If for
a ∈ R{0} there exist u1, v1, u2, v2 ∈ R such that u1av1 + u2av2 = 1 we
say that a is 2-simple.

Theorem 1. Let R be an elementary divisor domain. Then any
simple element of R is 2-simple.

Theorem 2. Let R be a Bezout domain with Dubrovin condition
of stable range 1 in which any simple element is a finite element. Then
R is an elementary divisor ring.

[1] Zabavsky, B. V. (2012). Diagonal reduction of matrices over rings. Vol. 16 of
Mathematical Studies Monograph Series, VNTL Publishers, Lviv.

E-mail: � 1zabavskii@gmail.com, � 2o.popadiuk@gmail.com.
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